We discuss self-consistently obtained ground-state electronic properties of monolayers of graphene and a number of 'beyond graphene' compounds, including films of transition-metal dichalcogenides (TMDs), using the recently proposed strongly constrained and appropriately normed (SCAN) meta-generalized gradient approximation (meta-GGA) to the density functional theory. The SCAN meta-GGA results are compared with those based on the local density approximation (LDA) as well as the generalized gradient approximation (GGA). As expected, the GGA yields expanded lattices and softened bonds in relation to the LDA, but the SCAN meta-GGA systematically improves the agreement with experiment. Our study suggests the efficacy of the SCAN functional for accurate modeling of electronic structures of layered materials in high-throughput calculations more generally.
Introduction

Overview of the SCAN Methodology
Within the framework of the DFT, the total energy of the many-body electron system, E total [n] , can be written in terms of the electron density, n, as
where K is the independent-electron kinetic energy, E ie is the Coulomb energy between the electrons and ions, E ee describes the classical electron-electron Coulomb interaction, and E xc the exchange-correlation energy. Approximation schemes for E xc can be arranged conceptually on the rungs of the so-called DFT Jacob's Ladder 20 in the sense that this ladder leads to the "heaven" of chemical accuracy. Various rungs of this ladder, beginning with the lowest rung, are: LDA 21, 22 ; GGA 23, 24 ; meta-GGA 25, 26 ; Hybrid functionals 27 ; and, finally the random phase approximation (RPA) 28 . Computational demands, along with the accuracy of the schemes increase as we go up the rungs of the ladder.
Formally, the E xc [n] term can be cast as a double integral over space, which involves half of the Coulomb interaction between electrons and the associated exchange-correlation holes 26, 29 , but it is computationally expensive to evaluate. In the semilocal approximation, this term is reduced to a single integral of the general form
where n = ∑ occ.
i,σ |Ψ i,σ | 2 is the electron density, ∇n its gradient, τ σ = ∑
occ. i
|Ψ i,σ | 2 the positive orbital kinetic energy density, and Ψ i,σ are the Kohn-Sham orbitals. Nonempirical functionals are generally built to satisfy exact constraints as far as possible. It is here that the SCAN meta-GGA 15 makes a substantial advance as it is the only semilocal exchange-correlation functional which satisfies the complete set of 17 known exact constraints that can be satisfied by semilocal functionals. Moreover, SCAN is 'appropriately normed' in that it accurately captures interactions in rare-gas atoms and unbonded systems (see Supplementary Material of Sun et al. 15 ). The earlier nonempirical meta-GGAs such as the Tao-Perdew-Staroverov-Scuseria (TPSS) 25 and revTPSS 30 meta-GGA have been shown to be less accurate than the Perdew-Burke-Ernzerhof (PBE) GGA for the critical pressures of structural phase transitions of solids 31, 32 . SCAN meta-GGA eliminates this problem by introducing the dimensionless parameter
where τ W = |∇n| 2 /8n is the single-orbital limit of τ, and τ uni f = (3/10)(3π 2 ) 2/3 n 5/3 is the uniform density limit. The case of α = 0 corresponds to covalent single bonds while α ≈ 1 to metallic, and the α ≫ 1 limit describes weak bonds. The raregas-atom norm contains information about 0 < α < ∞, and some information about α ≫ 1, while the non-bonded-interaction norm (the compressed Ar 2 ) provides more information about α ≫ 1.
Recently, SCAN meta-GGA has been tested in diversely bonded systems 16 , where it was shown to be sophisticated enough to model a wide range of physical structures without being fitted to any bonded system. In the present work, we apply it further to the class of thin film materials and we show a similar trend of successful predictions of ground-state structural and electronic properties. In particular, SCAN improves the overall agreement with experiment compared to LDA and GGA, at a comparable computational cost.
Computational Details
We have performed first-principles calculations using the pseudopotential projector augmented-wave method 33 as implemented in the Vienna Ab-Initio Simulation Package (VASP) 34, 35 , with a kinetic energy cutoff of 400 eV (TMD monolayers and Bi 2 Se 3 quintuple layer) and 800 eV (graphene, silicene, germanene, and phosphorene) for the plane-wave basis set. The exchange-correlation functional was treated using LDA 15, 36 , GGA-PBE 23, 24 and SCAN meta-GGA 15 . A 12 ×12×1 Γ-centered k-point mesh was used to sample the Brillouin zone. Spin-orbit coupling effects were included in the case of TMD monolayers and Bi 2 Se 3 quintuple layer in a self-consistent manner. We used a vacuum layer of at least 15Å thickness in the z-direction to simulate the films. The equilibrium positions of the ions were calculated via structural optimization, where the internal degrees of freedom, along with the shape and volume of the unit cell, were allowed to vary until the residual forces per atom were less than 0.005 eV/Å. The resulting equilibrium unit cell was subsequently expanded and compressed
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uniformly around the equilibrium volume, while keeping the shape of the unit cell fixed. The equilibrium lattice constants were calculated by fitting the total energy per cell as a function of volume using the Birch-Murnaghan 37, 38 equation of state:
where E is the total energy per cell, E 0 the equilibrium total energy per cell, B 0 the equilibrium bulk modulus, V the unit cell volume, V 0 the equilibrium unit cell volume and B ′ 0 the first derivative of the bulk modulus with respect to V . In this way, we determine V 0 (from which the equilibrium lattice constant a was extracted), B 0 and B ′ 0 . It should be noted that we are extending the Murnaghan fit to 2D materials, and quantities such as the bulk modulus should be regarded as fitting parameters rather than physical quantities as discussed by Behera and Mokhopadhyay [BM] 39 . BM simulated the 2D-hexagonal structure of graphene and silicene using 3D-hexagonal supercells with large values of the lattice parameter c to keep the interlayer interaction negligibly small. They calculated for fixed values of a the values of c and the ground state energy E 0 for various cell volumes V , corresponding to different in-plane lattice constants a. Then, by fitting E 0 as a function of V with the BirchMurnaghan equation of state, they extracted a from the value of V at the minimum of E 0 . Finally, the value of the lattice constant a corresponding to c going to infinity, was obtained by a linear fit of the data set (a, 1/c). Here, we have followed a similar procedure.
Results and Discussion
We present ground-state structural and electronic properties of a series of free-standing monolayer (ML) materials, which are: graphene, silicene, germanene and phosphorene, TMD monolayers MX 2 in the semiconducting 2H phase 40 (M = Mo, W; X = S, Se, Te), and one quintuple layer (QL) film of Bi 2 Se 3 . The crystal structures are depicted in Figure 1 . We tested how SCAN performs compared to the LDA and PBE-GGA by calculating the lattice constants a, the nearest-atom bond lengths d for graphene, silicene, germanene and phosphorene, the buckling heights ∆ for silicene, germanene and phosphorene, and X-M distances d M−X for the TMD monolayers ( Figure 2 ). These parameters are defined in Figure 1 , and their values are given in Tables 1 and 2 . For the TMD monolayers, we also extracted the band gaps E g , as well as the spin-splittings at the K point of the conduction band ∆E CB , and the valence band ∆E V B , as defined in Figure 3 . Table 1 lists values of lattice constants a, bulk moduli B 0 and their first derivatives B ′ 0 , the last two being fitting parameters as we discussed in the Computational Details section above. Trends in the lattice constants are visualized in frames (a) and (b) of Figure 2 . The LDA is seen to underestimate a, in agreement with the expectation that it leads to overbinding in solids 41 . On the other hand, the GGA overcorrects a, especially for heavier elements as seen by comparing germanene with silicene and graphene in Figure 1 (a), a behavior observed in 3D metals more generally 24 . Figs. 2(a) and 2(b) show that the SCAN meta-GGA values lie between the LDA and GGA predictions, suggesting that SCAN meta-GGA cures the overcorrection of the GGA, and generally yields better agreement with experiment, within about 0.5%, although experimental data on freestanding silicene, germanene and phosphorene are not currently available. Remarkably, for the QL Bi 2 Se 3 , the SCAN-based lattice parameter is also in excellent accord with the experimental value reported by Kou et al. 42 .
The role of electron correlations in graphene remains an open problem. Accurate Quantum Monte Carlo (QMC) simulations suggest that the ground state of graphene is highly nontrivial, with significant contributions from resonating valence bond (RVB) type states 43 . [RVB effects appear to be important in systems of low dimensionality more generally, such as the Li clusters 44 .] The fact that SCAN reproduces the experimental lattice constant of graphene quite well thus indicates that SCAN can reasonably capture features of complex ground states in 2D systems.
It is interesting to consider the QMC result for the lattice constant along the armchair direction in phosphorene 45 . Surprisingly, we find that LDA already overestimates the QMC armchair lattice constant, even though one normally expects overbinding from the LDA. [Note, experimental lattice constants for phosphorene are not currently available.] Furthermore, we find that SCAN also overestimates the QMC result, as seen in Table 1 , and performs at the level of the optB88-vdW 46 functional, see Fig. 2(a) . It is not clear to what extent relaxing the fixed-node approximation in QMC might expand the armchair lattice constant in monolayer black phosphorus, and restore the usual paradigm of LDA underestimating lattice constants more generally. We emphasize that when phosphorene layers are coupled, it becomes crucial to include van der Waals corrections. For example, in bulk black phosphorus, SCAN+rvv10 yields lattice constants in close agreement with both experiment and QMC 47 , and represents a considerable improvement over PBE+vdW. Concerning the phosphorene lattice constant along the zigzag direction, our results in Table 1 show that is fairly insensitive to corrections beyond the LDA. Table 2 shows that the equilibrium structures assumed by all 2D films considered (other than graphene) are buckled, i.e. exhibit non-zero values of ∆, and that the buckling is amplified in going from the LDA to the GGA. In sharp contrast, SCAN predicts smaller buckling heights for silicene and germanene compared to the LDA. A possible reason for this flattening trend is that SCAN satisfies the non-uniform coordinate scaling constraint 15 , while the LDA and GGA do not. In phosphorene, since the buckling height is much larger than that in silicene and germanene, and lies at the scale of a typical chemical bond, SCAN predicts a value comparable to LDA and GGA. Turning to bond lengths, here also we see that, like the lattice constants, SCAN systematically rectifies GGA's tendency to overcorrect LDA, see Table 2 and Figs. 2(c) and 2(d). For the TMD films trends in bond lengths between the LDA, SCAN and GGA are similar. Notably, spin-orbit effects, which are included in the calculations, do not seem to influence the trends in bond lengths.
Given the interest in potential applications of TMD films 11 , Fig. 3(a) shows the band structure of a WTe 2 monolayer, which is typical of the family of TMD monolayers considered. Table 3 gives the band gaps obtained from the band structures based on different functionals computed at the equilibrium crystal structures, see also Fig. 3(b) . Note that our band structures arise from a ground-state theory 41, 48 , and thus do not accurately model the band gaps. Nevertheless, the LDA is well-known to reasonably capture optical energy gaps in many materials. GGA expands the lattice, and it generally worsens the band gap. In contrast, consistent with the findings of Yang et al. 19 , SCAN restores an improved agreement with the experimental band gaps, together with improved lattice structures. This good agreement can be understood to be a result of using the generalized Kohn-Sham theory 48 within SCAN meta-GGA. Incidentally, within the many-body body perturbation theory, Qiu et.al 49 have noticed an interesting compensation between the quasiparticle (QP) and excitonic corrections in the case of transition metal dichalcogenides. For example, in MoS 2 , the GW approximation yields a direct gap of 2.67 eV. The observed optical gap is about 0.8 eV smaller, which could be explained as the exciton binding energy.
Returning to Figure 3 (a), note that the conduction band (CB) and the valence band (VB) are split at the K-point, which is a consequence of spin-orbit coupling 50, 51 . Furthermore, because TMD monolayers lack inversion symmetry, there is an inversion in the spin-resolved band structures near the Fermi level between the K and K ′ symmetry points ( Fig. 3(a) ), where blue dots denote spin up and red dots spin down. These features of band structures of TMD monolayers have been predicted in earlier DFT calculations 52 and observed in experiments [53] [54] [55] [56] [57] . We define the CB and VB spin-splitting energies as:
The values of these splitting energies are listed in Table 3 . We see that ∆E CB < 0 for MoX 2 monolayers, and ∆E CB > 0 for the WX 2 counterparts. This sign change can be explained in terms of the material-dependent spin-orbit coupling effects 52 . The results of Table 3 indicate that SCAN predicts the spin-splittings in TMD monolayers, at least in some cases (MoS 2 , MoSe 2 and WS 2 ), more accurately than the LDA and GGA (see Figure 3(d) ). We thus adduce that SCAN reasonably describes the delicate balance between the exchange, correlation and spin-orbit coupling interactions, which underlie spin-resolved band structures. The exquisite ability of SCAN to capture such subtle effects will allow the study of controlled magnetism in 2D crystals. Interesting proposals have been put forward for monolayer transition metal dichalcogenides 58 , but magnetic order has not been proven so far in experiments. SCAN meta-GGA could thus accelerate the discovery of these fascinating materials.
Conclusions
In order to test the efficacy of the recently proposed SCAN functional toward capturing improved ground state properties of layered materials, we have carried out SCAN based computations on monolayers of graphene and a number of 'beyond graphene' compounds, including films of transition-metal dichalcogenides (TMDs). The results are compared and contrasted with those based on the commonly used LDA and GGA schemes. SCAN is shown to yield systematic improvements in the equilibrium lattice constants and the nearest-atom bond lengths. We also consider band gaps and spin-splittings in the TMD films, and show that here also the SCAN functional leads to improvements, difficulties of interpreting band gaps in a ground state computation notwithstanding. We thus conclude that SCAN would provide an improved description of the ground-state electronic and geometric structures of layered materials more generally, at a cost comparable to the LDA and GGA. Table 3 .
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Graphene Silicene . Also given are the spin-splitting energies at the K point in the valence band ∆E V B , and the conduction band ∆E CB for the TMD monolayers.
